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1. P(): 1 + 1 + 1 >l 13 >1, inegalitate adevarata ..........ccccceevevieveniene e, (2p)
2 3 4 12
k>1, P(k) adevarata = P(k+1): L+i+...+ ! + ! + ! + ! >1..(2p)
k+2 k+3 3k+1 3k+2 3k+3 3k+4
Este suficient sa aratam ca: + ! + t 1 S (1p)
3k+2 3k+3 3k+4 k+1
FINALIZAIE. ..ottt e et e s e b e et e er e e b e et e e e e reeeeaneenreenee s (2p)
2. x=[X]+{x} = [X]+[2X]+[3X] =6X =1 ... (2p)
6x—1=keZ:>x=kTJrl ..................................................................................................... (2p)
Ecuatia devine {k;1}+{k;1}+{k;1} = K e (1p)

Se considera k de forma 6p, 6p+1, 6p+2, ..., 6p+5, peZ si se obtine multimea solutiilor

6p+1 6p+2 6p+3 6p+4 }

S= : : : Z b 2

{ 5 5 5 5 pe (2p)

_ (2, +1)° :
3. Pentru n=1 avem a, = e (B, ~1) =0 a, =1 e, (1p)
Pentru n=2 avem a, +4a, =(a, +1f° < a,(a,-2)=0=a,=2........cceeeerrrrrrrrrr... (1p)
Demonstrim prin inductie matematica a, =n, (V)ne N*.
k+1)°(a,,, +1)°

k>2, a,=k si P(k+1): 1°a +2%a, +...+ k%, +(k+1)° am:( ) (4“1 ) S (1p)

k?(a, +1)° k+1)° (a,., +1)°

Mﬂk +1)a,, _(k+1) (4 Ehe) < (8, —k-1)(a.,,+k-1)=0.........(2p)
=a,,=k+1,deunde a,=n, (VN e N" ... (2p)
4. @) FIQUIA COTECLA ...viiviiuiiieiiiteiteetesiee e see e te st sttt e st e et et e sbe bt e beese et et e nteebesbeareane e (1p)
DM +EN = DA DB AT EC A A e (1p)

2 2 2

AD + AE =2AQ = —2QA ...ttt et eee e (1p)
DM +EN ZQA 5T =1t eee e (1p)
b) I MN NAQ ={P} = P este mijlocul lui [MN] ............ccccoiiiiiiiiinniiiiiiiiins (1p)
PG L PG GG, |DE= GG, [BC oo 2p)
GD 2 G,E
1. Fie P un punct oarecare=> PM + PN + PD =3PG,, PM + PN + PE =3PG, ............ (1p)

3G,G, =3(PG,~PG,)=PD-PE=ED=GG,[BC ...ceoovvoviiircire (2p)



