BAREM DE CORECTARE
etapa locala - 16 februarie 2014

Clasa a Xl-a
SUBIECTUL 1 -7p.

3p a)Demonstram prin inductie matematica.

0S2X . . 5 1-cos2x

ipr u . . .. 1+c
Etapa |-verificam relatia pentru n=1, folosind relatiile: cos?x= —, sisin’x=

a, b
Etapa a-ll-a presupunem ca A*= ( k ak) , unde a=(1+cos¥2x)/2 si bx=(1-cos2x)/2 si
K

by
aratam ca

a b
Aktl= ( k+1 k+1> , unde ak+1= (1+cos**12x)/2 si bys1=(1-cos*12x)/2, calculand A= AkA
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4p b) det(A¥)=cos*2x,k€ N*, Y7 _, det(A¥)=cos2x+COS22X+....+COS"2X  roevererrrererrreerenans 1p
Fie matricea B=Z}{‘=1Ak = (Z Z) , unde a=(n+ cos2x+cos?2x+....+cos"2x)/2 si
D=(N-COS2X-COSZ2X...mCOST2X)/2 oottt ettt ettt ettt 1p
det(B)= a2-b? =N(COS2XHCOSZ2X+.....+COSM2X)  weeveieeeieeeeeee e ettt st eneas 1p
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4p a) Determinantul poate avea una din formele D1= %— a % a |sau
1 1
a -—a -
2 2
1 1
= -—a a
2 2
1 1
D=| a > 2T ] 2p
1 1
2 2
3a 1
D1=D,=3a%- 7“ b 1p
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3p b) min D1=min D;=min (3a2- ~ +Z) = JUSEITICAre oovvviiiei 3p
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2P 3) An= A1 H(N-1)1, 31750, I 0 et e e e e e e e s s ee e aaaaaaaee 1p
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5p b) Folosim Cesaro-Stolz si limita ceruta este egala cu L _I'm(\/a_1+\/a_2+-~-.+\/m)/(a“+l an)
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Pentru noua limitd aplicdm din nou Cesaro-Stolz si obtinem L == lim—22=—=% . .......... 2
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SUBIECTUL 4 -7p

Fie L=lim vx (a /1+l+b /4+l+c 9+1)
X—00 X X X
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lim (a 1+—+bJ4+—+cJ9+—)=a+2b+3c ........................................................... 1p
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Daca a+2b+3C >0, @tUNCI LSH00  oiiieiiiiiiiiiiee et ettt ettt e e e et eeeeeaesseeresnannnes 1p

Dacd a+2b+3¢ <O, atUNCI L=- 00 oot e e e e e e e e e e e e ne e ranree e e 1p

Daca a+2b+3c =0, atunci a=-2b-3csi

L= lim b(vV4x+1 -2vVx+1)+lim c(vV9x +1-3vx +1)
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